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Top Red Guard: “You can’t ask us.  You can only ask one of us.”

Top Blue Guard: “It’s in the rules, and I should warn you that one of us always tells the truth, and one of us always lies.  That’s a rule too.” Gesturing to the TRG, “He always lies!”
TRG: “I do not! I tell the truth!”

TBG: “Oh, what a lie!”

Sarah: “Alright,” to the TRG, “answer yes or no: would he [TBG] tell me that this door leads to the castle?”

TRG: “Uhhh…yyyes?”

Sarah: “Then, the other door leads to the castle, and this door leads to certain death.”

Both Guards: “oooOOoooh.”

TRG: “How do you know?  He could be telling the truth!”
Sarah: “But then he wouldn’t be.  So if you told me that he said ‘yes’, I know the answer is ‘no’.”

TRG: “But I could be telling the truth!”

Sarah: “But then he would be lying.  So if you told me that he said ‘yes,’ then I know the answer would still be ‘no.’”

TRG: “Wait a minute,” to the TBG, “is that right?”

TBG: “I don’t know – I’ve never understood it!” 

   In the popular 1986 movie Labyrinth,
 Jennifer Connelly’s character Sarah finds herself in a fantastical world of goblins in the search for her brother Toby who was taken by Jareth the Goblin King.  In passing through a labyrinth to rescue her brother, she encounters a fork in the road where she is presented with two doors guarded by what seems to be a paradoxical situation…or, at the very least, a contradictory one.  Sarah is presented with a choice, but it is a confusing one because, as seen above in the epigraph, it is a variation on the classic semantical paradox known as the Liar, invented by 4th-century BC philosopher Eubulides.
  Sarah thinks she gets the answer right, but the door through which she enters turns out to be the wrong one.  Or is it?
    In this paper I will be exploring the work of philosopher and logician Graham Priest, who has spent a great deal of time thinking and writing about the Liar and other paradoxes.  Priest is most well-known for his claim that some contradictions are true.  Priest names the notion that there are true contradictions dialetheism.  I will be primarily focusing on Priest’s essay entitled “What Is So Bad About Contradictions?” and selections from his full-length treatment on dialetheism, In Contradiction: A Study of the Transconsistent.
  My aim will be to provide an exposition of Priest’s main points with an eye toward his motives for claiming that some contradictions are true.  The paper will begin with a brief look at contradiction and paradox, followed by the main part of the essay which will be a treatment of Priest’s work on the dialetheism he finds in paradoxes of self-reference, and will conclude with a look at the implications that Priest is making in his work reflected back onto the work of Michael J. Loux.
Contradictions and Paradoxes: Where is the Irony?
     A contradiction arises when one encounters things in the form: ​α and it is not the case that α.  I cannot both be in class and not in class at the same time; I cannot both be reading In Contradiction and not reading In Contradiction; I cannot both be published and not be published.  All of these examples (and myriad more) make a good deal of sense.  When one encounters a contradiction, one knows that there is trouble afoot, much like Sarah’s encounter with the guards cited above (leaving aside, for now, the question of whether or not she actually figured it out as she later claimed). An encounter with a contradiction has usually been considered a ‘bad’ thing, and in most logics following Aristotle’s Law of Non-Contradiction (LNC), logics that are non-contradictory are held to be valid and truth-preserving.  

     Contradictions need to be distinguished from the notion of paradox.  While paradoxes are not entirely different from contradictions, not all contradictions should be named as paradoxes.  For starters, to say that Dr. Samuel Powell both is and is not the Dean of the School of Theology and Christian Ministry is not a paradox; it is absurd.
  Such contradictions are ones we tend to discard.  Given an acknowledged paradox, the problem becomes where one locates the paradox.  Roy Sorensen does not give any hard and fast answers himself, but he is willing to offer that “paradoxes [are] a species of riddle,” that they “are questions that suspend us between too many good answers,” and that they have a kind of symmetrical ‘buoyancy’.
  Sorensen, whose task concerning paradoxes is primarily historical, goes on to say, “Gareth Matthews . . . defines a paradox as a statement that conflicts with a conceptual truth.”
  Furthermore, “R. M. Sainsbury identifies the paradox with the unacceptable conclusion of an argument that has acceptable premises and an acceptable inference pattern.  J. L. Mackie says the paradox is the whole argument.”

     For the purposes of this paper, I will define a paradox as a contradiction (or some sort of logical conclusion that does not seem to make sense) that is then declared to have, at the very base, some sort of value to it.
  There is no value to thinking that Dr. Sam Powell is both Dean and not Dean, but for many classic paradoxes, there exists some sort of acknowledgement of value in the form of truth, mystery, or to put it in everyday language, “something about this seems right, but I cannot prove it or show that it is correct.”
  Both Sorensen and Priest agree that at the very least, real paradoxes are such questions that persist through the ages of thought.
  Thus, it should not be too surprising that Priest upholds Eubulides over Zeno as the greater paradoxer, considering the fact that “there has been, for at least a century, a general consensus concerning the solution to [Zeno’s] paradoxes.”
  My point, however, still stands because whether solved in the last century or not, these problems have persisted as philosophical wrestling partners in the minds of thinkers for several millenia.

Graham Priest’s Dialetheism: Beyond the Law of Non-Contradiction

It was one of them, their very own prophet, who said, ‘Cretans are always liars, vicious brutes, lazy gluttons.’  That testimony is true. (Titus 1:12-13)

     By his own admission,
 the doctoral thesis that Graham Priest wrote in 1974 on the philosophy of mathematics,
 left some minor problems unaddressed.  In order to work those remaining problems out, Priest thought that the right approach “was to allow contradictions to arise . . . .”
  Priest follows a Kantian and even more explicitly Hegelian trajectory of contradiction, stating, “Hegel was right: our concepts, or some of them anyway, are inconsistent, and produce dialetheias.”
  For prudent reasons, Priest does qualify this with the ‘some’ with the intent to distance himself from Hegel’s conclusion that everything is contradictory.
  Yet, Priest maintains that Hegel’s insight at the contradictory nature of many things is a sound one.

      The second part of the sentence above which I allowed to trail off concerning Priest’s allowance of contradictions continues, “. . . and to jettison the classical principle ex contradictione quodlibet.”
  The logical principle is as follows: {α ∧￢α } ⊢ β, ex contradictione quodlibet.  This principle assumes that “if a contradiction were true, everything would be true,”
 so we must jettison contradictions, adherents to this principle claim.  Yet, the history of philosophy continues to present contradictions in the form of paradoxes and other problems that do not get jettisoned so easily.  It is for this reason that Priest asks, “What Is So Bad About Contradictions?”

     Specifically, in Priest’s article “What Is So Bad About Contradictions?” he asks, “What is wrong with believing some contradictions?”
  Priest makes the distinction between ‘some’ and ‘all’ contradictions here, because it is obvious that (as he says) he is not a fried egg.  One cannot be both a human and a fried egg (allegedly!).  The reason this distinction is made is because in addressing the criticism that there cannot even be some contradictions, what Priest finds is that in almost every case (of the ones he considers), the contentious argument is actually assuming that Priest’s argument entails the ‘all’ that he, from the start, denies.  The claims that Priest is refuting are:
(1) Contradictions entail everything.
(2) Contradictions cannot be true.
(3) Contradictions cannot be believed rationally.
(4) If contradictions were acceptable, people could never be rationally criticized.
(5) If contradictions were acceptable, no one could deny anything.
For the sake of space and scope, I will primarily be providing an exposition of Priest’s response to the first three arguments against his view above.
     Priest begins, “The objection is that rational belief is closed under entailment, but a contradiction entails everything.  Hence, if someone believed a contradiction, they ought to believe everything, which is too much.”
  Priest agrees that believing everything is too much, reminding the reader his careful distinction between some and all contradictions.  Against the claim that rational belief is closed under entailment, Priest objects that this is not an obvious view, but a stipulated assertion, citing the example of the “paradox of the preface” as an instance of refutation.  If I write a book on some non-fictional topic such as How to Cross-Stitch, I stand by the claims in the book.  But in my preface I acknowledge that there might be an error contained within my book.  When asked if each claim in the book is true, I say yes, but I simultaneously hold that there may be an error in the book.  I do not believe that there are contradictions in my book, and because of this, Priest says, “Rational belief is not, therefore, closed under logical consequence.”

    The even more important problem with claim (1) above is the claim itself, that contradictions entail everything.  (I have already mentioned this as ex contradictione quodlibet, but from here on out I will follow Priest in preferring the word explosion for this concept.)  In just a handful of paragraphs, Priest very briefly traces out a history of logic, starting from Aristotle, moving through the Stoics and into some fifteenth century logicians to show two things: first, that the logicians of antiquity hardly had explosive logics,
 and second, that “[t]he entrenchment of explosion is, in fact, a relatively modern phenomenon.”
  These other logics which do not adhere to explosion are called paraconsistent logics.  What follows is an example of a paraconsistent logic, specifically what is known as First Degree Entailment (FDE).
  FDE is a 4-valued logic that works not just with functions, but with the relations between them.  Instead of assigning a function 0 or 1, R may relate it to just 0, just 1, both 1 and 0, or neither. An example from Priest will suffice:
To complete the picture, we need a definition of logical consequence.  . . . An inference is valid if and only if whenever the premises are true, so is the conclusion.  Thus, if ∑ is a set of formulas:

∑ ⊧ α if and only if for all R (if R(β, 1) for all β ∊ ∑, R(α, 1))
It is now easy to see why the logic is paraconsistent.  Choose an evaluation, R, that relates p to both 1 and 0, but relates q only to 0.  Then it is easy enough to see that both p and ￢p (and p ∧ ￢p) are true under R (and false as well, but at least true), while q  is not.  Hence p, ￢p ⊭ q.  For future reference, note that the same evaluation refutes the disjunctive syllogism: p,￢p ∨ q ⊦ q.

Priest has elsewhere argued against the disjunctivie syllogism (DS).
  The main idea here is that, as “the DS is just modus ponens for the material conditional,”
 it does not adequately represent how our language really works; the isomorphism does not always hold.  And, although Priest does not want to jettison the DS completely (“since consistency is, arguably, the norm”),
 paraconsistency provides perhaps a more realistic model that shows how truth really works in our language.

   Priest then provides two basic models for truth and falsity.  The first is a strictly binary (or more properly called bivalent) logic of strict either/or truth and falsity (“exclusive and exhaustive”),
 while the second model is a bit more fuzzy.  In this alternative model, truth and falsity overlap a bit at one point, but that does not mean that they entirely overlap by any means.  Priest’s point is to show that this provides a better model for how truth and falsity actually work in our language.  “In the paraconsistent logic, an interpretation may partition in this way: classical interpretations are, after all, simply a special case.  But in general the partitioning looks like this:”
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The other model that Priest showed was a similar square except ‘true’ is only on the left and ‘false’ is only on the right.  Such an exclusive model would not allow for Priest’s example above (allowing “p and ￢p [and p ∧ ￢p] are true under R”) to hold true.  It should be emphasized that Priest is not arguing that the model above should hold for every case.  Like the usual bivalent way of interpreting logic, this will also be a special case:
  
Each logic encapsulates a substantial metaphysical/semantical theory.  It should be noted that a paraconsistent logician does not have to hold that truth itself behaves as in the second picture.  They have to hold only that in defining validity one has to take into account interpretations that do.  Although the claim that truth itself behaves like this is one argument for this conclusion, it is not the only one.  If we think of interpretations as representing situations about which we reason, then interpretations of the second kind might be thought to represent “impossible” situations that are inconsistent or incomplete, such as hypothetical, counterfactual, or fictional situations, or as situations about which we have incomplete or inconsistent information.  One may well suppose that there are, in some relevant sense, such situations, and that they play an important metaphysical and/or semantical role.

Just as Priest rejects that contradictions entail everything, he also rejects that logic must be paraconsistent in every case.
    Before concluding his rebuttal to the first argument against dialetheism, Priest gives us two examples where the  bottom right-hand corner above may be populated.  The easier example to explain (which Priest covers second) is the case where he is walking from a room into the hallway.  At one brief instant, Priest is both in and not in the room.  As Priest puts it, “Hence we have a denizen of the bottom right.”
  The second example is a bit more complex, and it is the classic Liar’s Paradox.
     The Liar’s Paradox is a semantic paradox of self-reference.  Similar to the two guards we encountered at the outset, the paradox is the following: “A man says that he is lying.  Is what he says true or false?”  To help explain this, Priest uses Tarski’s T-schema: “for any sentence, α: T〈α〉 ↔ α.  I use ‘T’ here as a truth predicate, and angle brackets as a name-forming device.”
  To provide an example in English of what Priest is talking about so far, let α be the sentence ‘Fred’s barn is on fire.’  Then, using the angle brackets, 〈α〉 is the name of that sentence.  So far, so good.  Priest continues, “With standard self-referential techniques, we can now produce a sentence, β, that says of itself that it is not true:￢T〈β〉 ↔ β.  Substituting β in the T-scheme and juggling a little gives β ∧ ￢ β.  Prima facie, then, β is a sentence that is both true and false, and so occupies the bottom right corner.”
  In sum, Priest is convinced that the Liar’s Paradox is true such that what it says about itself is both true and false.
     If we have not already moved beyond the LNC (if it was not already obvious), then Priest’s response to the second objection to dialetheism explicitly addresses the shaky ground upon which the LNC has stood in history.  Objection number two flatly states, “Contradictions cannot be true.”  Priest remarks, “Since one ought to believe only what is true, contradictions ought not to be believed.  This argument appeals to the law of noncontradiction (LNC): nothing is both true and false.”
  Due to the fact that explosion is a relative newcomer on the scene, Priest distinguishes this from LNC, which is very old – dating back to Aristotle’s Metaphysics Γ4.  Priest is struck by the fact that there has not been a sustained defense of the LNC since Aristotle penned it.  For starters, what is one supposed to even make of Aristotle’s discourse on the LNC?  As Priest puts it,

[Aristotle’s discourse on the LNC] is long, convoluted, and tortured.  It is not at all clear how it is supposed to work, let alone that it works. . . . Indeed, most of [Aristotle’s remarks] are clearly aimed at attacking the view that all contradictions are true (or even that someone can believe that all contradictions are true).  Aristotle, in fact, slides back and forth between ‘all’ and ‘some’ with gay abandon.  His defense of the LNC is therefore of little help.

     In this paper by Priest, he covers four of Aristotle’s points, of which I will be covering the first three.
  The first point is that contradictions have no content and thus no meaning.  If this is the case, then they have no true content and thus contradictions cannot be true.  As Priest notes, “it is not only an objection to dialetheism, but also against classical logic.  For in classical logic, contradictions have total content, they entail everything.  One who subscribes to orthodox logic, cannot, therefore, wield this objection.”
  Priest goes on to say that if no content was found in contradictions, then there would be no fuss.  “Contradictions do, after all, have meaning.”
  So much for the first point.
     The second contention in Aristotle’s LNC “is to the effect that, if contradictions could be true, nothing could be meaningful.”
  The idea is that that which has meaning can only have it if it excludes something: “a claim that rules out nothing, says nothing.  Moreover, [this view] continues, if α does not rule out ￢α, it rules out nothing.”
  The clear misstep in this claim is the shift from ‘some’ to ‘all’ contradictions.  “Violation of the LNC requires only that some statements do not rule out their negations (whatever that is supposed to mean).  The argument depends on the claim that nothing rules out its own negation.”
  The fundamental flaw in this argument that a proposition has no meaning unless it excludes something “is just plain false,” Priest says.
  If one says ‘Everything is true,’ this rules nothing out and thus entails everything.  It is very meaningful, despite the fact that it is false.
     The main argument behind the third point Priest covers begins from the following claim:

￢α is true if and only if α is not true.
The reason this does not work is because the assumptions of this claim beg the question concerning bivalent logic.  Priest asks, “why should one suppose that it is impossible for α to be both true and not true? Because it is a contradiction.  But it is precisely the impossibility of having true contradictions for which we were supposed to be arguing.  The argument, therefore, begs the question.”
  Not surprisingly, much of the arguments against dialetheism beg the question against paraconsistent logics in favor of their own bivalent classical logic resting upon their own (arguably flawed) historical reception of the LNC.  While I will not cover Aristotle’s fourth point that Priest addresses concerning the LNC, suffice it to say that it is this flawed conception of the LNC which Priest argues is actually built upon sand, and not his own paraconsistent logic.

    We have only covered the first two objections with which we started.  The fourth and fifth objections can be very briefly summed up by stating that they also make the disastrous slide from thinking that ‘some’ implies ‘all’.  The third objection, however, bears some exposition.  It states, “Contradictions cannot be believed rationally.”  As we have seen, Priest pointed to the paradox of the preface as a real-world example of a perfectly rational contradiction.  “The rational person apportions their beliefs according to the evidence; and if the evidence is for inconsistent propositions, so be it.”
  The example Priest invokes is the one of pointing to any conversation with one with whom disagrees: one’s interlocutor will state things with which you disagree and have good reasons for believing them, even if they do not accord with one’s own beliefs.  Their views are quite consistent with their own belief structure.  Thus, “What this illustrates is that there are criteria for rationality other than consistency, and that some of these are even more powerful than consistency.”
  

     A last remark is needed concerning truth and rationality.  Priest starts the conclusion to his third section by stating, “If there is sufficient evidence that something is true, one ought, rationally, to accept it.”
 He is, of course, talking about contradictions.  Priest considers a reply to this: “It is natural to suppose that there is a dual principle here: if there is sufficient evidence that something is false, one ought, rationally, to reject it.  If, therefore, there is strong evidence that contradictories, α and ￢α, are both true, there is evidence that both are also false.  One ought, then, to reject both.”
  To this, Priest resolutely says, ‘No.’  This is because, “In the appropriate sense, truth trumps falsity.  Truth is, by its nature, the aim of cognitivie processes, such as belief. (This is the ‘more’ to truth to which I referred above [referring to that which cannot be captured in a formalism].)  It is constitutive of truth that that is what one ought to accept.  Falsity, by contrast is merely truth of negation.  It has no independent epistemological force.  One should not necessarily, therefore, reject something simply because its negation turns out to be true.”
  In conclusion, then, Priest is convinced that truth and falsity (which is really just truth of negation), are not so easily set asunder.  This is not to utter a sophism and to remark that all falsity is truth, but to point to the fact that falsity in the world is not always entirely diametrically opposed to truth in every case.
Conclusion
     In Michael Loux’s Metaphysics: a contemporary introduction,
 he argues that one restriction on metaphysical realism is in the predicate ‘does not exemplify itself.’  Loux says that the assumption of such a property of non-selfexemplifying “leads immediately to a paradox; for the property must either exemplify itself or fail to do so.”
  If one works out the implications of whether or not this predicate exemplifies itself or not, it sounds very much like the same structure as the Liar’s Paradox.
  And, the implication that Loux points to is the “deplorable result” of contradiction.
  It would seem, though, that Priest would accuse Loux of being too hasty in calling this result ‘deplorable.’
     Loux began his discussion on the ‘does not exemplify itself’ predicate by saying, “We have here a perfectly respectable general term, one true of or satisfied by all and only the things that do not exemplify themselves; and it is a general term that can function predicatively in true sentences.”
  I think Priest would point out that Loux’s original intuitions about this predicate were correct: it is a perfectly good term.  Moreover, the fact that a paradox arises when applied to itself should not need to be a problem.  It is only a problem if one has already decided that contradictions are ‘deplorable’ in advance.  The fact is that our language is often inconsistent does not necessarily entail incoherence.

     As Priest says much later, “The dialetheist . . . considers the hypothesis of inconsistency or, better, local inconsistency (i.e. the truth of α ∧￢α for particular α) to be no different, in principle, from any other hypothesis, and therefore to be evaluated on its merits.”
  In all cases, we should have to evaluate all logics on their own merits, and not beg the question of non-contradictory semantics (let alone set-theoretics) on bivalent systems alone.
  
     In the final analysis, Sarah did choose the wrong door, as she did fall to her ‘certain death’ into the oubliette to be forgotten; but, it was also the correct door as she did end up being lead out by her friend Hoggle into more traps, contradictions, and paradoxes.  As Priest concludes at one point, there may be nothing wrong with contradictions after all.
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